ERTTIE o UL o SiERETE

U ek

B

1.1 R IsCE
1.2 etk s b
1.3 AR JimkAti
1.4 EARERIE

https://math.ecnu.edu.cn/~jypan/Teaching/IMP



ek R I KPR A

A%k - LU 404, Cholesky 4M#, ...

ARk
- B (g, FOR) 3R Jacobi, Gauss-Seidel, SOR, SSOR, ...

ZLNY

- BUR (Krylov 7231H)) %/ CG, MINRES, GMRES, ...

PR STk (PR kg M Ak )

- TR R PR AL, 1 FFT, DCT, DST, ...
- ¥ E\EMI%YE (Algebraic multigrid), ...

I TESE AR, XA W A MR, AR A HNE, DUt HE LS.

ﬁhtt ://math.ecnu.edu.cn/~ an 2/61
P Jyp



11| s

1.1 %A%

1.1.1 HFEn 2550

1.1.2 2%k (Jacobi, G-S, SOR, SSOR, AOR)
1.1.3 Richardson %4

1.1.4 Ytk



IRAREHA A

B —AERIIAE 20, B —ER MR R ARRFS

fEfs

lim 2® =2, £ A7
k—o0

% http://math.ecnu.edu.cn/~ an 4/61
P Jyp



1-1-1 ‘ KR 5 50 L s

B CEFED % Matrix splitting) % A € R™" EF 7, #

A=M-N
A A M—ANEES, L M

JRITRAFEMT Mz = Nz+ b. TRIATHAT MG E M K
D = M NgR 4 M & G+ g |, k=0,1,...,

Horpt G = M N BRAZEARRE R | IERARE

E http://math.ecnu.edu.cn/~jypan 5/61



1'1'2 ‘ MG — Jacobi, G-S, SOR, SSOR
K HRE A 55N
A=D-L-U |

R Doy A WX fadifor, —L A —U 5008 A BT =A™ =m0, B

ar 0 0 a2 -+ an
a2 a21
D= , L=— , U= —
- Qp—-1,n
QAnn Gpl  **° Gpp—1 0 0

£ http://math.ecnu.edu.cn/~jypan 6/61



Jacobi kG
Jacobi %fi: M=D, N=L+U
© X | MV =D+ )N +D T | k=0,1,...

© EREM: | Gy =D 'L+ 1)

i—1 n
© nEEA: (kH) x (b —Zazjx(k) Z a,-ja:;k)) . i=1,2,...,n

=1 j=it+1

ﬁhtt ://math.ecnu.edu.cn/~ an 7/61
P Jyp



H: Jacobi EARE

1: Given an initial guess 2(*)

2: while not converge do % {s=ALyEN]

3: for i=1to ndo

4. Ek-H (b — Z 03§ T; (k) _ Z aijxj(-k))
j=i+1

end for

6: end while

&

> Jacobi Bt of T HUBFIT 5 i g, PHARN EAIFTIISL.

116 = As®

> SHLAEN: Hb—ACL‘(O)H

< tol

> A B | ) =B 4 D (b — A2W) = oW 4 D1y




H: Jacobi EARE

. Given initial guess (%), tolerance tol and maximum iteration number itermax
: 19 =0b— A2® % compute initial residual
: for k=0 to itermax do

#ZFD) = 4B 4 D1 % update solution

rep1 = b— Az % compute residual

if ||re+11l/l|70]l < tol then

stop

end if

end for

© %2 > gk W




Gauss-Seidel Z%fCi:
Gauss-Seidel %fi: M=D—L, N=U
© X | MV =D-0rW+D-0) |, k=0,1,...

© R | Gos=(D-L0)7'U

© é}ﬁﬂéﬁ Dalkt1) :Lm(k+1)+ Ux(k)_i_b

1 n
1
2 = (b —Zazy:c(.Hl) - aijwﬁ-k)) , k=0,1,...

=1 j=i+1

ﬁ http://math.ecnu.edu.cn/~jypan 10/61



) Gauss-Seidel 3B &

1: Given an initial guess 2(*)
2: while not converge do % {EHL#EN

3:
4:

5:

for i=1 to ndo
1 i~
xgkﬂ) =—|b—-> al]x(kﬂ) Z aiiT; (k)
Qi =1
end for

6: end while

» Gauss-Seidel ERIEFTHFIH T LRGN BHFEIE, A ERE 1 PLAg UL S0%E B .
» T Y WAL R R, BRAREE T
(FEFE86 1% FiT 23 bl DB E 3 SO T )




SOR #fCik

SOR #fiki: M=1D—- L, N=11-w)D+U

© MEAIEM: 4§ G-S EARIEM ) 5 o IIACEL, DS A DR,
© A M) = (1 - w)a® + wD ™t (LaFD) + Uz 4 b)

£ = (D~ wD) ™ (1 ~w)D+wl)2® +w(D - wl)™b

© EMRHFE: | Gsor = (D—wl) ' ((1 —w)D+wl)

i—1 n
=) k+1 k w k+1 k
© st $§+)=(1—w)$§)+afii (bizaij$§'+) > e )>
=

=1 j=i+1

£ http://math.ecnu.edu.cn/~jypan 12/61



BV SRR T R4 SOR B 1%

1: Given an initial guess 2{°) and parameter w
2: while not converge do % {EHLYEN]
3: for i=1to ndo

i—1 n
4 x§k+1) =(1- w)mgk) + 2 p— D aijx§k+1) S aijac;-k)
Qi j=1 j=i+1
5: end for
6: end while

© 4 w =1, SOR Bk G-S Jk,
B ow < 1B, BAIERESR T, 4 w > 1B, FRpE AR Tk

© SOR MR AZTIN TS E w, BIIRBGEY I w 7 LRI w0
R eIt 2t B30 A A e R e 1

© SOR LRI — Bt IA] P& SR AR R FUASTRR i etk Ty FR 2L Y 15 38 Ty 125



SSOR &%EfCi:

SSOR %Rk WiZbAEEs SOR

© ¥ SOR Fuhiy L Fn U MIZEHe, SRR, #iA35] SSOR &4tk
##2) = (D= wL) (1 = w) D+ wl)a® +w(D—wL)~1b
) = (D—wU)~? (1-w)D+ wL)x(k+%) +w(D—-wl)" b

© kMg | MY = Gegoral® + g |, HARARH R

Gssor = (D — wm—l [(1 = w)D+ wL] (D— wL)_l [(1 = w)D+ wU]

© X 7 Hy A R 43 34
(D—wL)D™Y(D-wl).

w(2—w)

£ http://math.ecnu.edu.cn/~jypan 14/61



Bl %Az A Jacobi, G-S A= SOR(w = 1.5) RMEMFA4E Av=b, L%

‘ + Ja(‘:nbv
°Y 7
2 -1 1

-3 I I I I L L L L L L
0 20 40 60 80 100 120 140 160 180 200

£ http://math.ecnu.edu.cn/~jypan 15/61



1'1'3 ‘ Richardson #%4{i:
Richardson i%fQk: M=11, N=11-4
© LMK e g G w(b— Az(k)) ., k=0,1,2,....

© ERHMERE: | Gr=1-wA
© MR UGERBICAF K24, B
B = B 4 wi(b— Ax(k)), k=0,1,2,...,

NIFF A nonstationary Richardson &y,

£ http://math.ecnu.edu.cn/~jypan 16/61



114

YO RHATIER.

B A FEAT B gIER:

(A Ay -
Aoy Ay -

£ http://math.ecnu.edu.cn/~jypan

Ap Ay e

ek Cik
AETCRRAE I, TSR A, ST SE0 Sk,

2R

1411

rp

17/61



e Jacobi L ||

p
k — Z k .
;cg' +1) :Aiil bi— Azj$]( ) 5 1= 1,2,...,p.
j=1,j#i

|| 4 Gauss-seidel AL ||

i—1 P
:cg.kﬂ) = A;l b; — Z Aij$§-k+1) — Z Aijm§k) , =12,
=1

j=i+1

¥4 SOR 244 |

i P
$§k+1) = acg.k) +wAG | b~ Z Aij$](~k+1) - Z Aing-k) )
j=1 j=it1

£ http://math.ecnu.edu.cn/~jypan 1= ]., 2, e

18/61



ERTTE o FUME o SHEEE

U ek

B

1.1 ks
1.2 etk s b
1.3 A% JimkCE
1.4 hEEEry

https://math.ecnu.edu.cn/~jypan/Teaching/IMP



1-2 | worenn

1.2 Weslek b

1.2.1 g RAEN Bk
1.2.2  EAUHEMEHAERE
1.2.3  ASuJZust i AR
1.2.4  RFRIEHERE
1.2.5 AHER)FHIRE

I%H%&ﬁﬂ%%ﬁﬁ&ﬁ%%ﬁ&ﬂﬁ%%i



1
R RIE

25D = pINER) M 2 GaP 4 g

EL (W) & {20} RddRELERMAERS], ExtEEakag O &4

lim z® — Ty,
k—o00

W R 4K A d sk b, B M SEAR A R Hked.

ﬁhttp://math.ecnu,edu.cn/~Jypan 21/61



WesSe P
RSP
i e® 20 gl 2® = G 4 g fl 2 = Gr + g ATH]

x<k>—x*za(x<kfl>—x*):--:Gk(x<°>—x*) = | @] < |lalF1e@)

WS

© FErAME BRI, B |Gl < 1, MAARIEEL
© FERFM: BRBRSTRERMRE p(G) < 1.

E http://math.ecnu.edu.cn/~jypan 22/61



W sk S5
ey

B G R RENE, MR TSR ol | Ru(G) 2 —In||GH|F

WERESOEEE R | R(G) £ Jlim Bi(G) = —Inp(G)

I P R IR RS BOIVE RO 5, (B W s B R MO T AR R A2

% http://math.ecnu.edu.cn/~jypan 23/61



e Zafbiih

EP e RGEEANETEEK ||| 7 |G =q9< 1, W
(1) [|2® =z < q’“\lx — z[;
(2) [|a® -z < —— T IIw( — aF=D;

1tV — O,

(3) s — ) < 72

APRAE

—MFRERGE (ETHERE R B R HIRRIE) POZH
(1) DA M R 508 M i Lt R 2 PSR 5 SR g

(2) p(G) RATfe/s (M A WRAEFUR FTRBHGE T 1, B M 855 A).

ﬁ http://math.ecnu.edu.cn/~jypan

24/61



Va5 4 (TR R RS RS DTSR N 57,

WeslchEsrbr: Aarard s RS

© # A FHERTS b (RN LR 08 W Jacobi Al Gauss-Seidel SfRuEAMCEL
© # A PR b RN TR 1B H O <w < 1, 0 SOR RILICEL.

SOR. WSy oMt
XF SOR EMRE, A p(Gsor) > |1 — wl, # SOR EARIEWEL ) A B4 2

0<w<?2.

E http://math.ecnu.edu.cn/~jypan 25/61



WPy Br: MRRIE e KRS T

Wt dir: RFRIEE S IE
w A€ R™" IR HA AZRIIAIE, W

© Jacobi IRIEW S TR SRR A 1 2D — A IR

© Gauss-Seidel IERIEWSIRELR MR A IEE.
© SOR ZERZBWSM TR ELMFRE A EEH 0<w < 2.

% http://math.ecnu.edu.cn/~jypan

26/61



Richardson iE{Ci:Weslol:

EH % A c RV RATHREZLIERE, N\ Fo )\, 2 F & A 4R KA 454244, M Richard-

son ks s HARY | O<w< A\t | REEHA

. 2
Wy = argngnp(GR) = m,
B w=uw, i, $REEEFRZER R, BA

1—wA, if w < w,
/\1 — )\n IQ(A) -1 .

= = f - *

PLOR) = S, TR 11 DT

wA1 — 1 if w> ws.

£ http://math.ecnu.edu.cn/~jypan 27/61



Weslerk: EIOBFEESARIE

Wk pr: IRIUHEPEIEIISIE (Stein-Rosenberg EHH)

w A e R™" 3 Gy >0, W@ MEAZ A HAH — A0

(1) p(Gas) = p(Gy) =0,

(2) 0<p(Gas) < p(Gy) <1,

(3) p(Gas) = p(Gy) =1,

(4) p(Gas) > p(Gy) > 1.

IXFBH, Jacobi JEMIEF Gauss-Seidel %A% I Iy HAAH [F] A S0pE.

i HL24 P E S, Gauss-Seidel iEARIERSOH JETRT Jacobi AR

I AR — A A RAL: AR AR, Jacobi B8, fH Gauss-Seidel HIAHEL.

£ http://math.ecnu.edu.cn/~jypan 28/61



1 2 =2
Bl & A= |1 1 1|, Jacobi fo G-S 4 R4EE 4R A

2 2 1
0o -2 2 0o -2 2
Gy=|-1 0 -=1|, Ggs=1|0 2 =3
-2 =2 0 0 O 2
EEHETH

det(A\[— G3) = A3, det(A\[— Ggs) = A(A — 2)%

vk p(Gy) =0< 1,18 p(Ggs) =2 > 1.

I i, Jacobi FEARTEIKEL, 0 Gauss-Seidel HfRHEA .

£ http://math.ecnu.edu.cn/~jypan

29/61



WPk sy Br: AR PR

R P R

B A e R MNARTELARE, WL L=D"L U= DU ZEHE Ga) =

oL+ LU MBS 0 %, W A4 R RO P

B A KX ALTUR SN A%, BAAEEIERE P, (i3

Dy F
E D

et Dy, Dy Jyxd R, PAPT JRAAZ T HikE.

PAPT =

I

£ http://math.ecnu.edu.cn/~jypan

30/61



MRRIFHRE: G 59 Gsor BIFFIENL

B A€ R BMARFHEREH w # 0, MR a8 oL
(1) Gy WYFFAEAEIE FSO H 30

(2) # p R Gy BRI E A R | (A +w—1)2 = X |, W X & Gsor MIRFAEA;
(3) Rz, #H X #0 & Gsor WIRHEEH 1 W2 B3 W 4 & Gy MISFHEE.

Weslerk: MR HIFESIE

B A AR, W
©  p(Gas) = p(Gy)?, BIY4 Jacobi W8k, G-S Huliesf, ELWKSIH i Ph—F%.
© Gy BIFHEE 2 40 W SOR S R B AR 0 <w <2 H p(Gy) < 1.

ﬁhttp://math.ecnu,edu.cn/~jypan 31/61



SOR IS5

B A RMARTFHRE, Gy BFMEIE 2N EH B ps = p(Gy) < 1, W SOR H%HIR
P BORXE RS A2 203 -

2 £

Wopt = —————=——=, p(GSOR) = Wopt — 1 = 5
1+ 4/1-p} @+,M—p@

P,

w—1, Wopt Tw < 2

p(Gsor) = 1 1
1wt gw’pf +wpsy /1 —wt 70%f , 0 <w < wop

£ http://math.ecnu.edu.cn/~jypan 32/61



1'2'6 ‘ MHIZERI: 4 Poisson Jife
.Yk Poisson JFRMT) AL FE Sy B

—AU(L y) =—-1, (l‘a y) €

2
P (g e o
SIS BRI AMREOT A Tvu = 12f, Hop

u(xv y) =

Ty=18 Tp+ To®I, T,= tridiag(—1,2,—1).

B Ty WRRIE 52 AT Z50 g 4k, B Jacobi, G-S, SOR(0 < w < 2) #licsk.

£ http://math.ecnu.edu.cn/~jypan 33/61



n=16

-10
10 10710

1015
10715
10° 10°
n —t+—Jacobi
—+—Jacobi 102 ¢ &GS
cs —o—SO0R
5 —0—SOR
10°
104
108 F
1020 ]
108k
1071% 10710
0 100 200 300 400 500 600 0 100 200 300 400 500 600



ERTTE o FUME o SHEEE

U ek

B

1.1 ks
1.2 Wesheorbr
1.3 AR JimkAti
1.4 hEEEry

https://math.ecnu.edu.cn/~jypan/Teaching/IMP



ik

1.3 25Tk CiL

1.3.1 2%k
1.3.2 2R JimndAtid:
1.3.3 HSS ¥k



131 | zupmmmn
Wi PR 4y 2R
W A=DM — N =M — N2 A WP, WA DA E RS

Mya*+2) = Nyal® 4 b,
Moa*+1) = Npgb+3) b,
Xy SN, XL 5 2R R WA R 4 2L

k=0,1,2,....

[ 2 2305 (wPRIBLL &5 g3

B8, Bih RS REREREER G = My No M Ny B, BB 7034 Pk i
p(My*No M ENY) < 1.

E http://math.ecnu.edu.cn/~jypan 37/61



E2 g 305 \wrs

245 365k
B R AIEREL W A B BRSO

A=M —N=My—Ny=---=M~—N,

IR 2200y 3454 Ky

)
My = Ny 4 p,
Moa®+ D) = Noglk+1) 4,

£ http://math.ecnu.edu.cn/~jypan

k=0,1,2,....

38/61



v

B ik

WA= A+ Ao, WA T (ADI, Alternating-direction implicit) 4
(oI + Ay)at*t3) = (el — Ag)a® + b,
{ (al + Ag)a™ D) = (al— Ap)a*t3) 4 b,
Hr o e R ZIERSE, BRIER R
Gapr = (a4 Ag) Y al — A)(al+ A" Hal— Ay).

k=0,1,2,...,

B ik e

WA e RV WFRIEE, A= A+ Ao, Hp Ay f1 Ay HHE—NENFRIEE, 55—
MFREIEE, MAHEZIEL o > 0, F p(Ganr) < 1, Bl ADI 30384

£ http://math.ecnu.edu.cn/~jypan 39/61



1-3-3 | HSS Jjik
HS %5 HSS %Rk

W A=H+S Ho HH S 5k A XSRS, B

A+ AT S_A—AT
o2 T2

H

B0 LA AR S Rb PRy 2 (HSS, Hermitian and Skew-Hermitian Splitting).

KT ADL J5ik, FATATF T B HSS 735

ol + Hyak+3) = ol — 8)a® + b,
{( H) ( ) k=0,1,2,....

(ol + §)a*+D) = (al— H)z*2) + b,
ERERE: Guss(a) = (al+ S)~Yal— H)(al+ H)"Y(al - 5).

£ http://math.ecnu.edu.cn/~jypan

40/61



Wt SIS o

S5 47T M@w93§332122é“®'
WeGhchE S e 5 8

WA e RV IERE, N
(1) XHER o > 0, HSS iERIEEBISL.

(2) *&/J\ﬂ'dﬁl“ﬂﬁ Ianin max O'(Oé) E{]ﬁ Oy = \/)\max(H))\min(H)

>0 )\min(H)S)\S)\max(H)

BEIf

Amax (H) — \amin(H) _V Kk(H) — 1.
)\max(m + \amin(m \/ H(H> +1

olay) =

ﬁhttp://math.ecnu,edu.cn/~Jypan 41/61



HSS 1)

IELSRRR R (NSS)

(al+ N)ac(kJrl) = (al— S)I(k) + b,
(al+ S)2*1D) = (I — N)a (k3

Hrp A= N+ S XH NRIEMERE, S E%‘lﬁ%%ﬁlﬁ-

SRR (PSS)

(al+ P)a*2) = (aI— §)z® + b,
(al+ 8)aF+D) = (ol — P)alFt 2) 4 b,

Hrp A= P+ 85 XH P RIEEERE, S ERRTRARE.

£ http://math.ecnu.edu.cn/~jypan

k=0,1,2,...

k=0,1,2,...
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ERTTE o FUME o SHEEE

U ek

B

1.1 ks
1.2 Wesheorbr
1.3 A% JimkCE
1.4 Yy

https://math.ecnu.edu.cn/~jypan/Teaching/IMP



-4 | xrcmms

1.4 EACTER I

1.4.1 AMER:
1.4.2 Chebyshev Wi jjik

e

AR 20, D, AP BRIEORIE, WATAT A HATAA, 18—
ARSI AUUARE, SR AL P AR AT I A AT I



141 | s
WRIERAE N

A Z Gyl 4
1 20 Fin 2D AL S TS A AL AR

ZF) = (1 — w)a® + w(Gz® + b)

)

Hort w BB IXPINE T7 AR R AT TL.

Tl s

B w RN G2 (1-w)l+wG | WP RES.

E http://math.ecnu.edu.cn/~jypan 45/61



Bk G MRHAEAERR R S8, B RAHEE AR MEEE S 3R A A, T2

p(G,) = /\me%) (1 —w) +wA| =max{|l —w+wAi], |1 —w+ wA,|}.
€o

TR & G AR F K, ERRPRDFEESHA A\ A Ay, B 1 ¢ [Ny, M, B
2

ws = argmin p(G,) = 2 vt )

Ay

P(Go,) = 1 — |w.ld,
H d R 1 [\, A\ HIEE, BFS N <18, d=1-X;, % X\, > 18, d=\,— 1.

£ http://math.ecnu.edu.cn/~jypan 46/61



¢ kg
B FOEARAS B, B o(G) < 1, MY w, # 1 B, SMEEAR L FEE R S B s P
# fBUE JFOEARHE A WS, MR A E S8, FMEERFIE A AT REsL.
& MBS T G WRHAEAE, 85 T LR FRIME. A6 52 BRI F I a) DA TR AEAE B 72
FIDX TR [a, 0], 2RJEH a, b AREE A A0 A1

£ http://math.ecnu.edu.cn/~jypan 47/61



JOR 5k
X} Jacobi JERFBEATAMEMZE, WA JOR (Jacobi over-relaxation) 3.y
A5 = (1 — w)a® + w(D"YL+ U)a® + D)
=P +wD Y(b— A4dP), k=0,1,2,....
EPL (JOR Mldilk) % A stHhEx. #

2
O<w<m,

m JOR Fixdsk.

ﬁ http://math.ecnu.edu.cn/~jypan 48/61



1'4'2 ‘ Chebyshev Jii jiik:

B Bt 2O, 2 2B BT A 455 SRS A AU
AU R

it er = 2P — o, Ak BRRMEITEE, WA

Er = G€k_1 = G2€k_2 == Gké‘o.

%2 W 202D A, B

10 = 2@ + a2 + - + P

)

k
Hrp o ATFERY, B ;)ai =1

E http://math.ecnu.edu.cn/~jypan 49/61



i;(k) — Ty = QpEQ + Q1 GE() +---+ aka‘SO £ pk(G)E()’

k
Sl pu(t) = 32 ot | K BHR, B pi(1) = 1

E2TEW) 117

B B EIOE S SR o, 1575 2 — o RATREMUN, MTER 20 i3] o
BT o) ] o HE. SRR BN, Wk kUL,

i#

Bl % pa(f) A G o443 X, M p,(G) = 0, FTARIR o A p, 4 %3, M 57—, = 0.

B XA GIRTG EBARRTFERN.

% http://math.ecnu.edu.cn/~jypan

50/61



S o BYTZHIERU %
ST

179 — |2 = lpp(@eollz < k()2 - lso]lz-
IS o B EBUEEAL A T BAR /IME R 5

pepﬁ}a)zl (Gl
Horp Py R B k2 SRR SR A
B MEHE R R
— MRt SRAFAEH A, (HAE—SeAFBRIG UL T (I G XFR), WA (RN B,

ﬁhttp://math.ecnu,edu.cn/~Jypan 51/61



BRBOERIERE G N, Bl G FAAERFIEAE /3 fif:
G=QAQT,

Horbt A RS RERE, Q RIESHME. TRA
min G)ll2 = min A
etin p(@lz= _ min _ [lp(A)]:

p— 1 A‘
pewﬁa)ﬂ 125 {p(Aa)l}

< i MY, 1.1
< it e {01 (1)

et A, A BRIERR G BB AR/MRHE(E.

XA — AR A 2 IR —BOE IR M8 (52 R mZER/D).
B i 53 441 Chebyshev ZIIAF .

E http://math.ecnu.edu.cn/~jypan 52/61



Chebyshev 2Pk

EPL & e RFHEAR || > 1, BT @ ek &K FAE

i t
pein e [p(d)]
HE—R A
~ Ty (t)
T(4) & .
K(?) Tk(n)

I % Chebyshev 2T 1 % 1 ¢ 2 WL SUH .

% http://math.ecnu.edu.cn/~jypan

53/61



EH & o, BneRHER a<B B |y ¢a,B]. MT ek RKREAAE

min max |p(t
p(DEP,p(n)=1 a§z§6| )

5o

()

HofE— A

Ty(t) &

£ http://math.ecnu.edu.cn/~jypan 54/61



Chebyshev ik Jjik

Z kR ) = GaP + b, BAMBE:
(1) EREME G R AEAEER L S22
(2) EREEEHEER p— p(G) < 1 8 A(G) € [p. gl C (—11).

TR AN RS min - max | {lpNI} | BfiFH

PpEPL,p(1)=1 Ae€[An,\1

E http://math.ecnu.edu.cn/~jypan 55/61



R )i

SRR, BAERELE 0,20 W) AR5 &k A

Kt gt 207

P b, RATATAE Chebyshey 2 51AY =T 4

Tw(t/p)

Ti(t) = 2Tia () = Tea(8), 2l = 7775

Hy 2D Fn 25D A a0,

ﬁ http://math.ecnu.edu.cn/~jypan
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53 Chebyshev H# Hik
tSet po =1, p1 = p=p(G), 1 =20, k=1

1
2: compute Y = G{9 4 ¢
3: while not converge do

4 k=k+1

2 1 1\ !
5: Kk = - —
P Hik—-1 HE—2
6 30— 2 Gogeny Mk o) | 2He

Hi—1 P Hi—2 Hg— 1P
7: end while

I R P 3 B 5 S P SR A 24

£ http://math.ecnu.edu.cn/~jypan 59/61



TEid

FERGHE AT, RATEDR G RXIF. F3 b, BT 29 — o = pr(G)eo, FIHLRATA
ZME p(pi(G)) BIA]. FrARMI R TBE G IFEE R IEL, XA pu(G) HIFHIEE
W pe(Ne), Fert A\ g G RIRHESE. Db SRATT 75 R AR B AR MK T8

. M| = <
pepgga):1|p(p( ))‘ pepgga) 1f2ﬁ?;{’ ‘}

Z ] AE IS Chebyshev I RFR.

Inln max
peP,,p(1 1,\e[An/\1]{|p }

£ http://math.ecnu.edu.cn/~jypan

60/61



L i)

THANK YOU

£ http://math.ecnu.edu.cn/~jypan 61/61



	第一讲 定常迭代法
	定常迭代法
	矩阵分裂与迭代法
	经典迭代法
	Richardson 迭代法
	分块迭代法

	收敛性分析
	定常迭代法的收敛性
	不可约对角占优情形
	对称正定矩阵情形
	收敛性分析: 迭代矩阵非负情形
	相容次序矩阵
	应用举例: 二维 Poisson 方程

	交替方向迭代法
	多步分裂迭代法
	交替方向法
	HSS 迭代法

	迭代法的加速
	外推算法
	Chebyshev 加速方法




