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LB fan, o) RROHK LR n TR IR Z

WERA: MR K ERn B2 TRK g(21, -+ 2n) Hh(ay, - 2n), &

F@,- o xn) = glat, - xn)h(ze, - Tn),

Wg(zr,- - wn) G h(y, - on) WERFFRZIA.

SEBR: W deg f = m, degg = k, degh = 1. 4>

g=9p+gpr1t-+gr  h=hg+he1--+h,
Horpgi, hy 330 4, § SFIRZ I, H. gp, hy S EHRBURARRIFFIRZ T, k+1=m, N

f=gphq + i (Z gihj).

t=p+q+1 \i+j=t
FHYp+qg<mbf fARFRETRX. Mp+q=k+l=mufip==Fk q=1,Hittg=gr,h = h#p
TEFIR LT
2. % f(x,y) € Klz,y]. IERH: 203 f(z,2) =0, Wz —y | f(z,y).

'ﬁEEH & f(xa y) = kzo ak(x)yka er

f(a?,y) = f(m,y) - f(l’,l’) = Zak(m)(yk — J?k)
k=0
=(-2)Y a@@ "y e yahT 42,
k=1

Hite — v Sy
3. HHF AR

1 1 1

xr1 — ay xr1 — a2 T1 — Gn

To — a1 1'2£(Z2 T2 — Gp

e frene s o

B AFFFIRIEH Do, amar, e a.
Dalen men ) = LTSI,

;H\:':F'G—%F%B%xla yLn, A1, 5 An E/‘JgIﬁﬁ g%ﬂ
F(Zla"'axn;alv"')an): H (x’bia])
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Ee!
G(zy, @01, ,an) = ]___[ (zi — x;) H (aj —a;) - G1(@1,-++ @, a1, an).

1<i<j<n 1<i<jgn
HAESHI o 5 aj IIREL (BRAEn — 1IR), TTH1 G = co — P H L B
[T (@i—-z;) Il (aj—a) cn

D ($ J— a )_ 1<i<jg<n 1<i<j<n
1, 1, —
n ) b ny b ) n H (xq/ _ a])
1<i,j<n
XA
[(mn - an)Dn(mla T, A1, aan)]zn:an = Dn—l(xla 1,01, 7an—1);
JiT LA
( [ (= —xj)> (1 —an) + (Tn-1 —an) ( II  (q —ai)> (an —a1) - (an — an-1) " cn
1<i<j<n—1 1<i<j<n—1
( [ (= aj)) (an —a1) - (an — ap-1)(w1 — an) - (Tn—1 — an)
1<i,j<n—1
I @i-z) Il (aj—ai)-ca
I<i<j<n—1 1<i<j<n—1 Dy e ia tnr)
- - —1{L1, ", dbn—-1,01," " ,Un-1),
T (oo '
1<i,j<n—1( C

—‘l"fﬁ" Cp = Cp—1- ﬁilﬂ:;@?& E_X‘ —I’f{f cn=c1 =1 ﬁﬁ

DTL((L‘I)”' y Ly A1y °° - 7an):
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1. FRRE xR 2 T FR T AR PR 2

1) 23x9 + 2123 + 2303 + 1123 + 2325 + 2273;
2) aiad + afad + afe] + a3x + ajef + afad;
3) (1 + z2) (21 + x3) (22 + x3);

4) (w172 + 23) (2173 + T2) (T273 + T1);

5)
6)
i (1) R = zi2e(x1 + 20+ 23) + 2123 (21 + T2 +23) + 2223 (21 + T2 +73) — 312223 = 0102 — 303.

20 2 2 0 0 o3
2 1 1 0 0103
11 1 1 04

HAMER = 02 + Aoios + Boy.

Wry=wa=23=1,24=0,183=9+34, A=-2;

WMoy =zo=a23=a4=1,18B=2;

HIRR = 03 — 20103 + 204.

(3) A = (01 —x3)(01 — x2)(01 — x1) = 0F — 0107 + 0201 — 03 = 0102 — 03.

(4 )JET— (U3+$3)(03+$§)(03+$%)- S EN

2 +:UQ+:ES = 0?2 — 209,

+ 23) (2] + 23) (23 + 23);

(
(
(
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(5) (a7

(6) (x1 + 22 + x122) (22 + 3 + Taw3) (21 + 3 + T123).
(1



2,2 2,2 2,2 2
T1T5 + {25 + THX5 = 05 — 20103,

2.2.2_ 2
LT1ToT3 = O3,

. 1 .
iR = — (08 + (01~ 202)03 + (03 — 0103)7s + )
3

2 2 2
= 0703 — 20103 + 05 — 20203 + 03 + 03.

(5) R = (af + 23 + 23 — 23)(2} + 23 + 23 — 23) (2] + 23 + 2] — a?)
= (07 = 209 — 23)(0] — 202 — 23)(0F — 202 — a7)
= (0% — 209 — x§)3 — (0% — 209 — x%)(a% — 209 — x§)2 + (0?2 — 20103) (0% — 209 — :c%) - O’%

03 — 20305 — 203 + 4010903 — o3

(6) JBzt= - [(03 + 02)° — 02(03 + 02)2 + 0103(03 + 02) — 0]

0—3[03(03 +02)? + 0103(03 + 03) — 03]
= 0’% + 20903 + 0% + 0103+ 0109 — 0’%.

2. RSN PR Z A FR T n o 2

(1) X1 (2) X aiad;

(3) X afwows; (4) X wizdzsza.

% (1) of — 40309 + 202 + 40109 — 404.

(2) 03 — 20103 + 204.

(3) o103 — 40y.

(4) o904 — 40105 + 90s.

3. Wy, mo, w3 JEJTFE 32% — 5a® + 1 =R, 5
x?xg + atlxg + x?xs + atlxg + x%xs + atgxg.
f#: R = ofoy — 205 — 0103 = %
4, Hryz#40, Hex+y+2=0, 3
g+%+§+§+%+§
% A= L(3622 + 2z + 2%y +y2? + xy? + 22?)

TYz

__1 _
= gyz @ty +2)(zy+ 2z +yz) - 3zyz)

=-3.
5. JEHE: ZIRTFR 2 + a12 + agw + a3 = 0 1 =AM S 22509 (1 70 43 06 B S (2
2a3 — 9aras + 27a3 = 0.
WEBA: = MRBSF Z RS 780 AL BEARAF LT 314K
T 4 Ty — 223, @1 +x3 —2m2, Ty + a3 — 21,
FEDH—AEFET 0.

E/\mﬁk‘%%ﬁﬁu < ((ﬂl + X9 — 2’133)(’131 “+ x3 — 2%2)(%2 + x5 — 2’131) =0.



(21 + 29 — 223) (21 + T3 — 229) (T2 + 73 — 221)
= (21 + @9 + T3 — 3x3) (21 + T2 + T3 — 322) (21 + T + T3 — 311)
= (—=a1)® = 3(—a1)(—a1)? + 9az(—a1) — 27(—as)
= 2a3 — 9ayap + 27as.
6. HnIREZIK f(2) WRK 21,22, 20, TR ARIZ f(2) BIAR, TEM:
1 f'(e)

P zi—c [0

WEBR: ZERZTA f(2) = (v —21) (2 —22) -~ (x — 2), W
R 1 €)) flz) &1
f(x)_;zf:ci’ f(x) _Z:Z'*’l}i,

i=1

N}
1 fo

Zai—c  f(o)

*7‘ &x1)$2)"' 7xn%75‘*§'3
e +az" b a, =0

E/‘va iﬂfﬁﬂ XT2,X3, " ,Tn E"JXTW%IB‘I:KW‘%E‘Z X1 —% ai, a2, - ,0n E/‘Jgrﬁiﬁ

9
f@) = (@ —21)(@ —22) - (2 — 20) = zn:(q)kakzn*k.
N =
(2 —22) - (3 — ) = xfixazl _ f(:c; - Q;ﬂl)
. éo(—mkakxn—k - kéo(—l)kakx’f’k

—1
— Z(—l)kak(xn—k—l + x”_k_Qxl NI mn—n—l).
k=0

HRJE—K o B YTRIESL 11 Far, -+ an FBITR (a0 = 1), N2, 2 FRIEREFRZ T
Ko Ha, -, a, BEHR, JET B FRLHRIEA S 20, -, 20 R EH R ERE 01 5
A1, ,0n E/‘JzIﬁﬁ
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*8. %
f@) = (@ = @)@ —w2) - (&~ )
=2" — 2" (=10,
sp=a) +ag -y, (k=0,1,2,---).
(1) JERH:

() = (so2® + 51287+ siam 4 se) f(x) + g(@),
Hrrg(z) fRE < n B g(2) = 0.
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(2) JEWIER (Newton) 4zt
Sk —O01Sk—1 +0928k_2 + -+ (71)16710'19,151 + (71)kk0'k =0 k<n,

Sg—018k—1+ -+ (-1)"0nSk—n =0 k >n.

. n k+1 ( ) ‘
T B g(e) = 3 L2 W gle) = 0 degg(e) < n. 1

Dokt Dokt (e ahtl — gkt
$k+1fl($) _ g(.’l?) — Z - 7«7;(1 ) _ Z i f( ) _ ( i ) f(.]?)

=1 =1 Tr — I; r — I;
n k k n
2D @nf =) | 2 6"
i=1 j=0 7=0 \i=1

(Zk: xk_ij) f(@) = (so2" + 512571+ + sp1w + sp) ().
=0
SIS
(2) HeBEERX
"L (x) = (soz® + s1a" T+ spmiw + si) f(@) + g(@)

P n R IR AR KL T g(2) BFREL< nH g(z) = 0, fif A

ML (@) 1 0 ROTREL = (so2" + 512"+ s+ sp) fo) B9 n RITREL
JIrA2 k < n i,

(n —k)(—1)*or = sp — 01551 + 0282 + - + (—1)*ops0,

il
Sk — 018k—1 + 028p_o + -+ (=1)* o151 + (=1)*koy, = 0.
Wk >n,
0=sr—015k—1+ 0252+ -+ (=1)"0nSk—n,
RIA5BTILE.

*9. VSRR Z AR 52, 83, 54, 55.
i so = 07 — 209,

S3 = 0’% — 30109 + 303,

54 = 0f — 40209 + 203 + 40103 — 4oy,

55 = 0y — 50309 + 50102 + 5oiog — 5oa03 — b0y + 5o,
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L. AERASSAY AR B f(2), 9(2) 22 B2 n kS m RZ T
(1) Res(f,9) = (~1)™" Res(g, /)

(2) Res(af,bg) = a™b" Res(f, g);

(3) Res((z —a) f,g) = g(a) Res(f, g).

WEEA: (1), (2) AR SE(3). &

f(z) = apx™ + arz" 4+ ap, g(x) = box™ + b1z™ -+ by,



(x —a)f(x) = apx™ + (a1 — apa)x™ + - -- + (an — an_10)x — ana.

ap a;1—apa az—ai1a s Ap—0p—-10Q —QanQ
ag  a1—apad as—a1a cee Ap—0p—10  —apa
aO DY PR DR an_an—la _ana/
Res((z—a)f, g)=
es((z—a)f,g) b b by - - -
bo b1 b2 ce bmfl bm
. . . . . m+1
bO bm—l bm
BB A, 515« MBE—5, EE&E 5, 7115
ag ai as oa, O
ag ai as -+ ap, 0
n
ao ......... an 0
ReS((x*a)fag) - bo by+boa b2+b1a+b0a2 ...... g(a) g(a)am
bO b1+b0a ......... P g(a)am_l
. . . . m—+1
bO ......... DY g(a)

M JE—1T#, #4758 (—a) MERT—17, HEIH n + 147, FRRJE —FRIT, 7[5
RGS((CE - a)f,g) = g(a) Res(fa g)

2 WS = ofe ) (= 2a), 9(a) =0~ ) (@ = )
R Res(f,9) = a™ [T gte) = (-1 {1 fu) =™ [T (21 - w)
B Res(f, 9)= o Res((z — 1)+~ (z = 22), ()

glen) Res((z = 2) -+ (2 — 22, 9(2))

g(x Jo(2) - g(a)

=amor [T 1T s =) = 070 1T 1)

3. I Res(J(0), 1 (2)ga(0)) = Res( o), 1 (2) Res(/0), ().
R

=a"g(x

m

Q

gi(x) = ao(x —ar) - (x —an), g2(x) =bo(x —b1)-- (x = bm),

Res(f, g1g2) = (—1)2°8/(4°89192) Reg(gy gy, f)

= (_1)d6gf(degglgz)agegfb(oiegf Hf(az) H £(b;)

i=1 =1

J
= (—1)d8f(de89192) Reg(gy, f) Res(ga, f)
= Res(f7 gl) Res(f7 92)

4. B fAE -2 B WMEEZ A R, Res(f, 9) = Res(f, g+ hf).
.6 -



WEBA: B f(2) = (x —21)(z —22) -+ (2 — ), m = deg g, M

Res(f,g+hf) = | (g(x:) + h(x;) f(z:))

=

1

-
Il

b

g(w;) = Res(f, g).

1
5. ¥ f(z) = apz" + 12"t 4 -+ + an_17 + an € Klz],
WERA: f (x) A9 H

.
Il

D(f) = (-1)"* " ag" Res(f, f").
S D(H=ad"? T1 (i —2)? = ()" 6" [[(wi — x))

1<i<j<n i#£j
nn=1) o9, o 7
= (—1) 2 Qg (xz —x1) - (371' - ﬂfi—l)(xi — Zig1) - (371' — Zn)
i=1
=(-1)

= (1" " ag 2 Res((z — 1) -+ (z — @), ')
(n—1)

= (=)™ ag " Res(f, /).
6. HH AR 453

nn-1) , o = ,
= ay "I (@)
1

i=

(1) flx)=a® -3z + 22+ 1, g(z) =222 —z — 1;

(2) f(x) =223 — 322 — 2 + 2, g(x) = 2* — 22° — 3z + 4;
3) flx)=a"+x+1, g(x) =2 — 32+ 2;

(4) f(z) =a" +1, g(z) = (x - 1)

(5) f(a) = L=, ga) = £ =L,

(6) f(x) = apz™ +a12" '+ + ap_17 + an,

g(z) = apz™ '+ a12" 2+t ap_or + an_1.

#: (1) Res(f.g) = (~1)*% Res(2a® — — 1, ) = (~1)° - 2% f (~L) (1) = 7.
f(x), g(x) HAML, FrRh 25 Res(f, 9) =

(2)
(3) Res(f,g9) = (—1)*(1+14+1)(2" +2+1) = 3(2" + 3).
(4) Res(f,g) = (=1)" - 2™.
(5) () 1 (m,n) = d > 1, W L= 15 L2 =L 40 3cigt, [ Res(f, g) = 0.
(b) & (m, n) =1, Twﬂxn>m )\Jn*mqwtr 0<r<m. B8R (m,r)=1 0
2" —1 ™" -1 (2™ —1)a" +a" —1
e—1 -1 z—1 ’
NI
" —=1 2™ -1 1) (ntr =1 2™ ~—1
Res (S o) = 0 Res (T )

BATEM (m — 1)(n + ) —E BB
ﬁl] m—1 IE'fl%ﬁa )\J?nlbﬁi_ﬁu }m& m—1 %%%ﬁa JI_UJ m j,i"fl%ﬁa H\m n%%%ﬁa r &%%ﬁa 3:7?3

n+r R fEEL AT
" —1 2™ -1 -1 2™ -1
Res(:cl7 :El)_ReS(:El7 :cl)'




TR B om, IR AN BRI R, i (m,r) = LT]1§
" —1 2™ -1 =1
Res( ] ’ﬁ) ~~~Res< ] ,1) =1
B4 (m,n) = 1 B} Res ( :E;:ll , x:_fll ) =1.
(6) ¥ f(z) = 2g9(x) + an, BT
Res(f,9) = (=1)"" Y Res(g, f) = (=1)""" " Res(g, an) = aj .

7. G ANRUTERE, TA 2R AR

(1) f(z) =2® =Xz +2, g(z) = 2% + Iz + 2;
(2) f(z) = 2% + Xz? -9, g(x) = 2% + v — 3.
i (1) Res(f,g) = —4(A +1)*(\ = 3), #24 A = —1 S 3MPH AR

(2) Res(f, g) = 9(A2 + 12)(A\2 + 2), fi24 A = £2/31 B /21 I A 4EAR.
8. KTy B AL br o7
Dao=t>+t—1,y=22+t—1;
@) o= 52111 A tQJiIl
% (1) 42 —day +y*> + 50 -3y +1=0.
(2) 52 — 6y + 2y* + 5r — 3y + 1 = 0.

9. 24 A ey, THI 2 TAH EAR?

(1) f(z) =a® — 32 + X; (2) f(z) = 2* —42® + (2 — N\)a® + 22 — 2.
& (1) 2,-2
(2) -1, % I+ 9 /3, ———\/§1
10. R FFIIT AN
) {5x2—6xy+5y2:16, ) {$2+y2+4x—2y=—3,
202 —zy+y? —x—y=4; 2 +day — y? + 10y = 9.

fi#: (1) Resy(f,9) = 32(y* —v* = 3y° +y +2),
rz=1 rz=-1 =2

{yl {yl {y2

(2) Res;(f,g) = 4(5z* + 402> + 10622 + 104z + 33),
r=-1 T=-3 $=—2+%\/3 x——2——\/_
{yQ {y() {y=1+%\/5 {y=1—%\/3

11. SR B #2200 32 5 AL A
(1) [ 2® +y® — 3z —y = 0 5RHHER 22 + 20y — y* — 4y — 2 =0;
(2) X2k 422 — Toy +y? + 132 — 2y — 3 = 0 5AUHZR 922 — 1oy +y? + 282 — 4y — 5= 0.
% ()01 (3+3ve1+ve), (3 -5vat-va)
(2) (0,-1),(1,2),(2,3),(=2,1).



